Introduction.
Given a series 2~lan with partial sums 5" it is possible to associate with it the Borel transforms Following a suggestion of R. P. Boas, Jr., we intend to study in this paper the modified Borel methods which arise when the continuous variable x in (1. The growth of f(z) along the ray arg z=<f> (\<j>\ ^a) is described by the indicator function hf(<j>) = lim sup r~l log | /(re'*) | .
In §3 and §4 we meet the problem of going from the behavior of /(ra) (ra = l, 2, • • • ) to the behavior of f(x) (x-*+ <»). A well known theorem in this direction is1 
In particular, (2.2) is true if f(z) is regular and of exponential type T<(7r2+a2)1/2 in Sft(z) ^0;for t= (ir2+a2)li2 this is false. If, in particular,/(z) is of exponential type r<(ir2+a2)1/2 in 9t(z) 0, we choose a such that tga = ir/a, so that 7r sin a + a cos a = ir/sin a = (tt2 -f a2)1'2 > r ^ hf( + a), i.e. hypothesis (2.1) is fulfilled and hence (2.2) follows.
For the last part of the theorem consider/(z) = e0*(sin 7rz+l). (ii) Define a" by (ii) Define an as in (2) (ii) Define a" as in (2) (a). By (3.1), the 5-transform of the corresponding sequence s" is sin irx+w cos 7rx, so that Bi(n; Sk) = +ir (n = l,2, ■ ■ ■). and conversely. For k = l the statement (5.1) follows from consideration of/(z) =z sin 7rz, whereas for the proof of (5.2) we take an entire function/(z) of exponential type (<27r + e) which is, for x>0, f(x) = x1'2 cos 2ttx + o(l).4
Then obviously Ci-lim /(ra) = + °°, but G-lim /(x) = 0. The author has no contribution towards the solution of this problem.
